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Abstract

In this paper we introduce an approach to increase density of field-effect transistors in the framework of
fully differential dynamic comparator. In the framework of the approach we consider manufacturing the
inverter in a heterostructure with specific configuration. Several required areas of the heterostructure
should be doped by diffusion or ion implantation. After that dopant and radiation defects should by
annealed in the framework of optimized scheme.
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Introduction

In the present time several actual problems of the solid state electronics (such as increasing of
performance, reliability and density of elements of integrated circuits) are intensively solving.
At the same time with increasing of density of elements of integrated circuits their dimensions
should be decreased. One way to decrease dimensions of these elements is manufacturing
integrated circuits in thin films heterostructures 4. In this case it could be used
inhomogeneity (layering) of heterostructures. An alternative approach to decrease dimensions
of elements of integrated circuits using laser or microwave types of annealing 71, Using these
types of annealing leads to generation in homogenous distribution of temperature. In this
situation one can find inhomogeneity of diffusion coefficient and another parameters of
processes due to Arrhenius law. The inhomogeneity of these parameters gives a possibility to
decrease dimensions of elements of integrated circuits. It should be noted, that radiation
processing of doped materials also leads to changing their properties & 9,

In this paper we consider manufacturing fully differential dynamic comparator 1%, Framework
the manufacturing we consider a heterostructure, which consist of a substrate and an epitaxial
layer. The epitaxial layer includes into itself several sections, which were manufactured by
using another materials. These sections have been doped by diffusion or ion implantation to
manufacture the required types of conductivity (p or n). These areas became sources, drains
and gates (see Fig. 1). After this doping it is required annealing of dopant and/or radiation
defects. Main aim of the present paper is analysis of redistribution of dopant and radiation
defects to determine conditions, which correspond to decreasing of elements of the considered
amplifier and at the same time to increase their density.

Method of solution

We determine spatio-temporal distribution of concentration of dopant by solving the following
boundary problem.
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Fig 1: Structure of comparator. View from top

AC(x,y,2,t) a{%acuyln]Fa{%acuylﬂ]kaP%ac&ylﬂ}

ot E O X oy oy Exs EY: n
With boundary and initial conditions
oC(x,y,2,t) _o aC(x,y,z,t) ~0 aC(x,y,2,t) _0
a X X=0 , a X x=L, ’ a y ‘y:O , (2)
aC(g,y,z,t) _o 9C(xy.zt) 0 8C(>(<9,y,z,t)| ~0
y x=Ly , 0z =0 ‘ x=L, ,C (%, ¥, 2, 0)=f (x,y, 2).

Here C(x, y, z, t) is the spatio-temporal distribution of concentration of dopant; T is the temperature of annealing; D¢ is the dopant
diffusion coefficient. Value of dopant diffusion coefficient depends on properties of materials, speed of heating and cooling of
heterostructure (with account Arrhenius law). Dependences of dopant diffusion coefficients could be approximated by the
following function [ 11,12,

C’(x,y,2,1) V(x,y,z,t)  V*(xy,zt)
D.=D(x,y,2,T) 1+ ———%||1 .
L )] et ’

where D (X, Y, z, T) is the spatial (due to existing several layers wit different properties in heterostructure) and temperature (due to
Arrhenius law) dependences of dopant diffusion coefficient; P (x, y, z, T) is the limit of solubility of dopant; parameter y could be
integer framework the following interval ye [t3 111V (x, y, z, t) is the spatio- temporal distribution of concentration of radiation
vacancies; V" is the equilibrium distribution of concentration of vacancies. Concentrational dependence of dopant diffusion
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coefficient have been discussed in details in [, 1t should be noted, that using diffusion type of doping did not leads to generation

radiation defects and 1= &= 0. We determine spatio-temporal distributions of concentrations of point defects have been
determine by solving the following system of equations [ 21,

6I(x,y,z,t):i{Dl(X’ y,z,T)aI(X’y’z’t)}r o {DI(X’y’Z’T)aI(x,y,z,t)}r
ot OX O X oy oy

+%{DI (X, Y, z,T)%Z’Z’t)}— Kiv(% Y, 2, T)1(X Y, Z,tV (X, y,2,t)-

—k, (%, 2, T)1%(x,y,z,t)

4
oV (x, y,z,t):i{Dv(X’ y’Z,T)av (x, y,z,t)}r 0 {Dv(x, y’Z’T)av (%, y,z,t)}r
ot O X O X oy oy
+E{D\,(x,y,z,T)M}—k,V(x,y,z,T)l(x,y,z,t)V(x,y,z,t)—
0z 01 '
—ky v (%, y,Z,TIVA(X,y,2,t)
with boundary and initial conditions
0p(x,y,2,t) “o ap(xy,21t) _0 ap(xy.2t) _0 2p(xy,2,t) ~0
oX o O X ‘X=LX oy ‘y:O oy ‘y:Ly
ap(x,y,z,t)| _o op(xy zt) _0
az -0 az z=L —
Z= : , P (%Y, 2, 0= (XY, 2). ®)

Here p =1, V; | (x, Y, z, t) is the spatio-temporal distribution of concentration of radiation interstitials; Dy(x, y, z, T) is the diffusion
coefficients of radiation interstitials and vacancies; terms V3(x, y, z, t) and I12(x, y, z, t) correspond to generation of di-vacancies and
di-interstitials; ki, v(X, y, z, T) is the parameter of recombination of point radiation defects; k,, ,(X, y, z, T) are the parameters of
generation of simplest complexes of point radiation defects.

We determine spatio-temporal distributions of concentrations of di-vacancies @y (x, Y, z, t) and di-interstitials @& (x, y, z, t) by
solving the following system of equations %12,

2D, (x, y,z,t)zﬁ{Dq)l (x y’Z’T)é’q),(X, y,z,t)}ri{%l (x y’Z’T)ad)l(x, y,z,t)}r

ot OX OX oy oy

)ﬁcD, (x,y,2,t)
01

+£{D€DI (x,y,2,T

7 } K, (%Y, 2 T)1%(x, y, 2,t) =k (% v, 2,T) 1 (x,y,2,t)

(6)

320 0fp (e 2], 2o oy sreotord],

ot ox Ox EN Ay
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With boundary and initial conditions

o®,(x,y,2,t) 0 0D, (x,y,z,t) o 0D, (x,y,z,t) o
6 X x=0 8 X X=Ly a y ‘y:O

oD, (x,y,z,t) _o 90, (xy,2,t) . oD, (x,y,2,t) o
ay y=Ly 0z Se B 0z 7=,

, , O
D (X, Y,2,0) =fa(X,y,2), D (XY, 2z, 0)=fav (X, Y, 2).

Here Day(X, Y, z, T) are the diffusion coefficients of complexes of radiation defects; ku(x, y, z, T) are the parameters of decay of
complexes of radiation defects.

We determine spatio-temporal distributions of concentrations of dopant and radiation defects by using method of averaging of
function corrections 1 with decreased quantity of iteration steps !4, Framework the approach we used solutions of Egs. (1), (4)

and (6) in linear form and with averaged values of diffusion coefficients Dor, Do, Dov, Doa1, Doav as initial-order approximations
of the required concentrations. The solutions could be written as

F 2
Cl(X, y’ Z’t): LXLO:,:LZ + LXI—yLZ nZ::anCCn(X)Cn(y)cn(z)enc(t)

F 2 =
Il(X’ y’ Z’t): LXLOyILZ + LXI—yLZ nganICn(X)Cn(y)Cn(z)enl(t)

_Fy 2 ¢
Vl(X’ y’ Z7t)_ LX Ly LZ + LX Ly LZ rEI-FHCCI"I (X)Cn(y)cn (Z)enV (t)
Oy, t)=—2 2 S E e (X (y)e. (e (1)
11 I—XI—yI—Z I—XI—yI—Z = nd, ~n n n nd,
d,,(x,y,2,t)= Fooy 2 YF. c(x)c (y)c (2)e, (t)
V1 I—XI—yI—Z Lxl—yl—z = ndy ~n n n ndy,

1 1 L L

222 1 X 7
e,,(t)=exp | -7n°D, t ceTe an:{cn(u)jcn(v)jcn(v)fp(u,v,w)ddedu

X y z 0 0

Where
Ca(y) = cos (zn ylL,).

The second-order approximations and approximations with higher orders of concentrations of dopant and radiation defects we
determine framework standard iterative procedure [*3 14, Framework this procedure to calculate approximations with the n-order
one shall replace the functions C(x, y, z, t), I(X, ¥, z, ), V(X, ¥, z, 1), @(X, Y, Z, 1), d(X, Y, z, t) in the right sides of the Egs. (1), (4)

and (6) on the following sums ans+p na(X, Y, z, t). As an example we present equations for the second-order approximations of the
considered concentrations.
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2C,(x,y,z,t) & HleglV(x\,/{,z,t)Jrng (%, y,z,t)HlJrg[ozZC +C,(x,y,2,t)] }X

B (\/)2 P’(x,y,2,T)

ot O X
y DL(X,y,z,T)ﬁ C,(x, y,z,t)}r 0 (DL(X, y,Z,T){1+g1V(%*’Z’t)+g2V (x, y,z,t)}><

I X Jy vy
y [, +C(x,y,2,)f | 6 Clx,y,2,t)| & 0”C1(x,y,z,t)><
{Héﬁ P(x,y,2,T) } oy J+§Z£DL(x,y,z,T) o1
« V(x,y,z,t) Vi(xy.z.t) [azc +Cy(x, y,Z,t)]y
R | e Sy H o
ol(xy,zt) 2 2l(xy,z,t)| 2 A1,(x,y,z,t)
e _ﬁx{D'(X’ y,2,T) ™ }+é’y{D,(x, y,z2,T) Sy :|+
+%{DI (X’ Y, Z’T)é7 Il();Zy’ Z’t):|_k|,v (X’ Y, Z’T)[am + Il(X’ Y, Z’t)][azv +V1(Xr Y Z't)]_
_kI,I(X’ y,Z,T)[Ol2| + |1(X’ y,Z,t)]2 9)
AV, (x, y,z,t):i{D (X.y.2 T)ﬂvl(x, y,z,t)}r o {D (X.y.2 T)ﬁvl(x, y,z,t)}r
ot ox| T OX oyl VT oy
i oV, (x,y,2,t)
+E|:Dv (X’ y’Z’T)T:|_k|,V (X’ Y, Z’T)[azl + |1(X’ y’Z’t)][azv +V1(X’ y’Z’t)]_
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oD, (x, y,z,t)zz{D (xy.2 T)ﬁq),l(x, y,z,t)}ri{D (x.y.2 T)ﬁdb,l(x, y,z,t)}r
ot ox| m ox gyl " Ay
R e R A Ry [ R

D, (%, y,z,t)zi{%(x, y.2.7)0Lul* y,z,t)}+ 7 {D%(X, . 27)0 Qulx y,z,t)}+

ot X X oy Ay

}+ K, (%Y, 2, TIVA(X,y,2,) =K, (X, ¥, Z TV (x, ¥, 2,t)

Integration of the left and right sides of Egs.(8)-(10) gives us possibility to obtain relations for the second-order approximations of
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concentrations of dopant and radiation defects in final form.

C,(x, y,z,t)_ﬁ[i {“QV(X,Vy;z,r)+gzv2((>\(/,¥),zz,r)Hl+§[acht&(;(: ;/_I%)T)]y}x

o C,(xy,z, o[t V(x,v,z, V2(x,v,z,
x D, (x,y,2,T) 1;3 T)jdr+§—y[£|:1+gl (Vy* T)+€2 ((Vy)z T)}X

xD_ (X, Y, z,T){1+ £ [achtg(l(;(’ ;’_?)T)] }5 Cl(;’;” Z’T)d z‘] + %@ D, (x,y,2,T)x

e P”(x,y,z,T) o1

. {”W i y),zz,r)} {1+ i +cl(x,y,z,,>y}@ cl(x,y,z,r)de+
!

+ fe(x,y,2)

o |t al\XY,z, o |t
Iz(x,y,z,t):ghD,(x,y,z,T) 1(&)(/ T)dr}ra—y[gD,(x,y,z,T)x

21,(xy,z, ol A1(x.y 2, :
X 1(@;/ T)dT}LEhD'(X’y’Z’T) 1(&2’ T)dr}—gk.,.(x,y,Z,T)x

X [a2l + |1(X’ y’Z!T)]zd T+ fI(X1 y’z)_ikl,v (X, y,z,T)[aZ, + |1(X, ylj)] X

x ey, +Vi(X,y,2,7)]d

V,(x,y,2,t)= %ﬁ D, (X, Y, z,T)aVl(Xﬁ’i/’ Z’T)d z} +§y[:{ D, (x,y,2,T)x

xﬁvl(x, y’Z’T) ﬁ t é’Vl(X, y,z,z-) B )
oy dr}+ﬁth\/(X,y,z,T) 57 dr} gkv,v(x,y,z,T)

X [0!2| +V1(X’ y,Z,z')]zd t+f, (X’ y,z)— Ky v (X’ y,Z,T)[Ol2| + |1(X’ y’Z’T)] X

O —

x [ay, +Vi(X,y,2,7)]d 7

k2
OX

é,q)ll(xi y,z,r)
OX

D,,(x,y,2,t)= ﬁ D, (X, y,2,T) d z‘} +§y[i D, (X, y,2,T)x

~60~

(8a)

(92)


file://server/test/mathematicaljournal.com/issue/1%20Vol/1%20issue/www.mathematicaljournal.com

Journal of Mathematical Problems, Equations and Statistics

od (X Y,z o |t
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t
dT:|+J‘k|’|(X,y,Z,T)X
0

\OPu(x,y,2,7)
’ oz
t

< 12(x,y,z,7)d 7=k (%, v, 2, T)I(x,y,z,7)d 7+ £, (X, y,2)
0 (10a)

o |t od,,\X,Y,Z, o |t
CI)VZ(x,y,z,t):EhD%(x,y,z,T) Vl(ﬂxy T)dr}+a—y[£D®v(x,y,z,T)x

Xé’q)ll(x’ y’Z’T)
ay

d r} + %Ef) D,, (X, Y, z,T)ﬁcDVl(;(’zy’ Z’T)d r} +:j)kv,v (X,y,2,T) x

t

xVE(xy,z,0)dr - [k, (X, v, 2TV (xy,z,z)dr+ f, (X Y,2)

0

We determine average values of the second-orders approximations of the considered concentrations by using the following
standard relations [** 41,

Ly

il

o, =———
 @LLL

X~y -z

LZ
g[pz(xi Y, Z7t)_p1(x: Y, Z’t)]d zdydxdt
(11)

Substitution of relations (8a)-(10a) into relation (11) gives us possibility to obtain relations for the required average values a2,

1 Lbyy
Pac = [[[fe(x,y,z)dzd ydx
LXLyLZ 000
12)
1 2
azl = 2A| {(l+ A|V01+ Alllo +a2\/ A‘VOO) _4A”00[a2VA|VlO —_ A||20 + AIVll_
100
1
B ' T?Tf(xyZ)dZdde 2—1+A|V01+A|I10+a2VAlvoo
LLLooo = 2A .
(13a)
2
Ay = 1 \/(B3+A) —4B4(y+ B3y_Blj_ B,+A
Where
1 e} LLL, | .
A= gL 1@ -0 Ty, 2Ty, 2V, (x,y, 2. )d 2d yd xdt

X~y =z

B, = AlzvooA|2voo o 2(A|2voo - AnooA\/voo)zl Bs = A|v00A|2voo + A|v01A|?;/oo + AIVOOAIIIOAIZVOO o
o 4(A|2voo B AIIOOA\/VOO)[ZAIVOlAIVOO + 2’A‘woo(:l-"' A1v01 + A1I10)_ 2AIIOO(AIV10 + A/VlO +1)]_
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_4A1v1oA||ooA|2voo + 2AIVOOAIV01A|2VOO, B, = Alzvoo{(l"' Avort A|I10)2 + AlzvooA|2v01 + Ay oo X

X 2A|VOO(AIVOO + AIVOOAIV01 + AiVOOAlllo B 4A|v1oAnoo)_ 4Anoo A|v11 B Auzo B L

Ly

£

X

o '-'><'_
o t_,Nl_

fl (X’ y’ Z)d z d yd X:|}{[2AIV01AIVOO + 2'A\IVOO(:I'—i_ AIVOl + AIIlO)_ 2AIIOO(AIV10 +1+

L

<
-

2
LL L

X~y =z

yA

£ fv (X, y,z)d zd yd X_2A||00('A\/vzo -

ot—.xl_
O —

+ A\/VIO)]Z + 2|:AIV01(1+ AIVOl + A|I10)+

- AIV11)+ AIV01(1+ AIVOl + AIIlO)][2A|V00(1+ AIVOl + AII10)+ 2AIV01AIVOO - 2'A\IIOO('A\IV1O +1+

—
<

o—I"

f,(x,y,z)dzd yd x x

O‘—nxl_

Bl = 2A|vooA|v01(1+ AIVOl + A||10)2 _8|:A|v11 _Li

X

O —

+ Ao}

X—
L L

y

L - A||20:| + AIVOOAIV01AIIOO + A|2V01(AIVOO + AIVOOAIV01 + AIVOOA|I10 - 4A|v1oA||oo)_

_zl:LZAL“(lJ_O Lg gyzzf' (X, Y Z)d zdydx+ A1v01(1+ Avor + AIIlO)_ 2Auoo('A\/vzo - A|v11)+

+ A|V01(1+ AIVOl + AIIlO)][ZAIVOO(1+ AIVOl + AIIlO)_ 2('A\NlO + A\/VlO +1)AIIOO + 2AIV01AIVOO]’

L,
B, = 4A||00A|2\/01|:A||2o + £ f, (X1 Y, Z)d zdydx—Ay, |+ AIZ\/01(AIV01 + Ay +

2A,,, L
+1)2 |:L L“(l)i) go £fV(X’ y,z)d zd yd X+AIV01(1+ AIV01+AIIlO)_ZAIIOO(A\/VZO_AIV11)+

x =y =z

B
=3+ p —g-3yat+pP+q+2
+A|v01(1+ AIV01+AII10)]21 Y \/ b \/ AL 6 ’q:(ZBlBs_8Bo)x

B B B,(4B, — BZ)-B?

48" 216 8 p=[3(2B,B,~8B,)-2BZ})72 A=8y+B]-4B,
) by L,
20, = Az — ®LxLyLz {( t)g g gkl(x, v,2,T)I(x,y,z,t)dzd yd xdt+
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Lx y'—z
LLL H(j}fq),(x,y,z)dzdydx "

Ly

[ [k, (xy,2Z,TIV(x,y,z,t)d zd yd xdt +
0

O'—a,r

1 @ Lx
Qr, :A\/vzo_G)L L L .([(G)_t).([
x =y =z

Lx Ly L,

LL L £££f®V(X’y’Z)dZdde

z

The considered substitution gives us possibility to obtain equation for parameter a,c. Solution of the equation depends on value of
parametery. Analysis of spatio-temporal distributions of concentrations of dopant and radiation defects has been done by using
their second-order approximations framework the method of averaged of function corrections with decreased quantity of iterative
steps. The second-order approximation is usually enough good approximation to make qualitative analysis and obtain some
quantitative results. Results of analytical calculation have been checked by comparison with results of numerical simulation.

Discussion

In this section we analyzed spatio-temporal distribution of concentration of infused (see Fig. 2a) and implanted (see Fig. 2b)
dopants in the considered epitaxial layer. Annealing time is the same for the each curve framework each figure. Increasing of
number of curve corresponds to increasing of difference between values of dopant diffusion coefficient in layers of
heterostructure. The figures show that interface between layers of heterostructure gives a possibility to increase absolute value of
gradient of concentration of dopant in direction, which is perpendicular to the interface. In this situation one can find decreasing
of dimensions of transistors framework the considered hybrid cascaded multilevel inverter. At the same time with increasing of
absolute value of the above gradient one can find increasing homogeneity of distribution of concentrations of dopants in doped
areas.

C(x.0)

0.5
Substrate

Epitaxial layer

| |
0 L/4 L2 3L/4 L

X

Fig 2a: Distributions of concentration of infused dopant in heterostructure from Figs. 1 and 2 in direction, which is perpendicular to interface
between epitaxial layer substrate. Increasing of number of curve corresponds to increasing of difference between values of dopant diffusion
coefficient in layers of heterostructure under condition, when value of dopant diffusion coefficient in epitaxial layer is larger, than value of

dopant diffusion coefficient in substrate
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2.0
L 2
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6}
< 1.0
S)
Epitaxial layer Substrate
0.5
0.0 T T T |
0 L/4 L){Z 3L/4 L

Fig 2b: Distributions of concentration of implanted dopant in heterostructure from Figs. 1 and 2 in direction, which is perpendicular to interface
between epitaxial layer substrate. Curves 1 and 3 corresponds to annealing time ® = 0.0048 (Lx*+Ly?+L.?)/Do. Curves 2 and 4 corresponds to
annealing time ® = 0.0057 (Lx® + Ly? + L,?)/Do. Curves 1 and 2 corresponds to homogenous sample. Curves 3 and 4 corresponds to
heterostructure under condition, when value of dopant diffusion coefficient in epitaxial layer is larger, than value of dopant diffusion coefficient
in substrate

To choose annealing time it is necessary to take into account decreasing of absolute value of gradient of concentration of dopant
near interface between epitaxial layer and substrate with increasing of value of annealing time. Decreasing of value of annealing
time leads to increasing of inhomogeneity of distribution of concentration of dopant (see Figs. 3a for diffusion type of doping and
3b for ion type of doping). We determine the compromise value of annealing time framework recently introduced criterion 5221,
Framework the criterion we approximate real distribution of concentration of dopant by idealized step-wise function y (X, v, z).
After that we determine the required compromise value of annealing time by minimization of the mean-squared error.

1 LylyL.
—=—[[lc(xy,2,0)-w(xy,z) dzd yd x
LLyLZooo o

N

Dependences of optimal annealing time are presented on Figs. 4 for diffusion and ion types of doping, respectively. It should be
noted, that it is necessary to anneal radiation defects after ion implantation. One could find spreading of concentration of
distribution of dopant during this annealing. In the ideal case distribution of dopant achieves appropriate interfaces between
materials of heterostructure during annealing of radiation defects. If dopant did not achieves any interfaces during annealing of
radiation defects, it is practicably to additionally anneal the dopant. In this situation optimal value of additional annealing time of
implanted dopant is smaller, than annealing time of infused dopant. At the same time ion type of doping gives us possibility to
decrease mismatch-induced stress in heterostructure 231,

C(x,0)

~—

0 L,

Fig 3a: Spatial distributions of dopant in heterostructure after dopant infusion. Curve 1 is idealized distribution of dopant. Curves 2-4 are real
distributions of dopant for different values of annealing time. Increasing of number of curve corresponds to increasing of annealing time
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Fig 3b: Spatial distributions of dopant in heterostructure after ion implantation. Curve 1 is idealized distribution of dopant. Curves 2-4 are real
distributions of dopant for different values of annealing time. Increasing of number of curve corresponds to increasing of annealing time
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Fig 4a: Dependences of dimensionless optimal annealing time for doping by diffusion, which have been obtained by minimization of mean-
squared error, on several parameters. Curve 1 is the dependence of dimensionless optimal annealing time on the relation a/L and £= y=0 for
equal to each other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 is the dependence of dimensionless optimal
annealing time on value of parameter ¢ for a/L=1/2 and £ = y= 0. Curve 3 is the dependence of dimensionless optimal annealing time on value
of parameter & for a/L =1/2 and ¢ = y= 0. Curve 4 is the dependence of dimensionless optimal annealing time on value of parameter y for
a/lLl=1/2and ¢=£=0
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Fig 4b: Dependences of dimensionless optimal annealing time for doping by ion implantation, which have been obtained by minimization of
mean-squared error, on several parameters. Curve 1 is the dependence of dimensionless optimal annealing time on the relation a/L and £= =0
for equal to each other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 is the dependence of dimensionless optimal
annealing time on value of parameter ¢ for a/L=1/2 and &= y= 0. Curve 3 is the dependence of dimensionless optimal annealing time on value

of parameter & for a/L =1/2 and ¢ = y= 0. Curve 4 is the dependence of dimensionless optimal annealing time on value of parameter y for
a/lLl=1/2and ¢=£=0
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Conclusion

In this paper we model redistribution of infused and implanted dopants during manufacturing field-effect hetero-transistors in the
framework of a fully differential dynamic comparator. We formulate recommendations for optimization of annealing to decrease
dimensions of transistors and to increase their density. Analytical approach to model diffusion and ion types of doping with
account concurrent changing of parameters in space and time has been introduced. At the same time the approach gives us
possibility to take into account nonlinearity of considered processes.
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